"APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2

N E et - 8 — R I T 1, * P i .
T I B A Tok s S T L e e aes o e et — - e

LIV, Yu, V,

"On the Possibility of a Unique Method in Certain Prohlems of "Additive" and
"Distributive" Prime Murber Theory," Dok.An, 49, No,1, 1945, -1945-.

APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2"



"APPROVED

Rl T Sy S T

ictsdt Pt

FOR RELEASE: 07/

£

Linnik, . V. "A new proof of the- Goldbach-Yinogradow.

%E eRee. Math.
(1946). (Russian.
The author gives a new proof of

[ Mat. Shornik] N.S. 19(61), 3-8

English sununary}

Vinogradov's theorem

that every fanie odd integer cair-be expressed us a sum of

three odd e T
{C. R, (Deiiady) Acad. Sci.

he author's previous preof of the theorem

URSS (N.S.) 49, -7 (1935);

these Rev. 7, 3077 was based on deep results ahout the zeros

of L-series in the eritical strip,

involving an application of

the Eratosthencs-Hrun method. The present paper derives

Vinogradov's
author's thearem [

theorem by classizal

L Acad. Sei. URSS. Sér.

arguments from the

Math.

[ Izvestin Akad. Nauk SSSR] 10, 35-46 (1946): these Rev.

8 1):ifxis
sponding Diri
hias in the rectangle flo

London Math, Sue. (2) 30,

an Abclian character mad g, L(s, ») the corre-
chlet Lescrivs, 3:58<1, T=g¥, then L(s, x)

=1, JET, atmast

) o(qw-t-[|¢,t-wu-§p)' log'® T+ ¢*)
zeros: “Fhis theorem isa straightforward genceatization of
Titchmarsh's theorem on the number of zeros of (s} [1'roc.

abical Roviews, . -

319-321 (19297,
I1. A Heilbronn (Biristol).
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Distribution by Sums of Independent Random

Yariables," U. V. Linnik, 3 pp
"CR Acad Sci" Vol IV, Ko 7,

“The Adouracy of the A
proposed, with the variables subject to more re-

ltrictlve conditions than in the work of B
and Eseon, plus an explanation of the

Nore precise resulta are claimed for the solution
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%O KExpressing the L-Beries by the 4sta Fuautian,"”
Yu. V. Linnik, 3 pp

*"Dok Akad Nauk SS8SR, Nova Ser" Vol LVII, No 5

4‘llort discussion of simpleat substitutions and trans-
formatians, as of Mellin, necessary in subject prob-
lem. Submitted by Academician I. M. Vinogradov.
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) Yu. V., On nonstationary Metkov chain Doklady |

' ;‘\%ﬁm SSSR (N.S.) 60, 7T ). (Russian) |

Suppose that for every 1 the random variables Xtms X0y |

** ' Xn.a form a Markov chain, The variable 2, . can assume

kg n different values afln e oo It is supposed that the |

~ ai are uniformly bounded and that 254, . <constant, For '

fixed j,n, let ¢, be the arithmetic mean of afy and Tl
the mean square deviation of o, from & It is supposed

D el

| satisfies the central limit theorem, On the other hand, this
{ is not necessarily the case if the exponent in (*) is replaced
|
|

* The paper continues recent work of Sapogov [same Doklady |
{88, 193-196, l90§:!998,(1947)3~£hé!-§c¢-nwg~ U204, 3617), [
- , : ilf: Pellor (1, |, ¥.)
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“Sel'fond, A. 0., and Linnik, Yu. V. On Thue's method in
the problem of effectiveness in quadratic fields. Doklady
Akad. Nauk SSSR (N.S.) 61, 773-776 {1948). (Russian)
Thue's method in the theory of Diophantine cortions !

leads to upper hounds for the number of solutions, but in
general not to bounds for these solutions themselves. The
implications of this fact in the problem of obtaining all
imaginary quadratic fields of class number 1 are discussed.
Further, a generalized form of the Thue-Siegel theorem is
given without proof; it gives the same exponent as Dyson’s
recent improvement of this theorem [Acta Math. 79, 225-
240 (1947); these Rev. 9, 412]. K. Mahler.
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LINNIK, YU. V. 1 SAPOGOV, N, A.
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37146, IANNIK, YU. V. 1 SAPOGOV, N. A. Mnogomernys integralvayy 1 lokal'
nyy sakony dlya neodnorodmykh tupey markova. I1svestiya akad. Nauk SSSR,
seriya matem., 1949, No. 6 &, 533-66. -—— Bibliogr: 16 Nasv.

S0: Letopis' Zhurnal'nykh Statey, Vol 7, 1949
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Linnik, Yu.' VY. Aneldntentity metfiod for a problem of the
= ; Ame numbers,. Uspehi Matem, Nauk (N.5.)
N -5, o, 2(36), 198 (1950]. {Russian) R
AR © 0 The auther suegests a possible methed for provieg ele-
- mentarily Siegel's theorem on the class-nmber of positive
_definite binary . quadratic forms [Acta Arith. 1, 83-86
- (1933) ] He has since canstructed i prool on these lines
- [Havestiva Akad, Nauk SSSR. Ser. Mat. 14, 327-342 (1950)

S these'Rev. 12,4827, - IL Dazent porf thondow),
Sourens . Mabheomthact Boition g e e
Soweps Mathemstioe) Roviewsy VoL gy So. 4 7
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U NLianik, Yu, V. An elementary proef of Siegel’ ;

L ~hasvd o Ve Method of 1, M. Vinogradoy. ~ (With an
- appendiz of ashort anafytical proof.) “lzyvestiya Akad,
- Nauk SSSR. Ser, Mat., 14, 327342 (1950). (Russian)

o The authar gives two proofs of Siegel'a inequaltity [Acta
o Avith, 1, 83-86 (1935) Fthat Ly(1) > ()|~ for £very posi-
cdive e, abied positive 5 depending on « only, where L(s) is
the Divichlet seriey whose coeflicients are the Kropecker
symbol{d/n). The prools are not’ very illuminating, though
the first one is elementary in the technieal sense.
e B L Heilbronn (Bristal).
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- .. Cudakov, N. G., and Linnik, Yu. V.. On a class of com-
E pletely mumpllcutiw?m“ Doklady Alad, Nauk
SSSR (N.S.) 74, 193-196 (1930). (Russian)

A _generalized _character h(n) in the_sense of-the paper e :

—z reviewed ahove-is, conipletely determined: hy the values of =7 722 Jo 0
_ Hp)i where p runs over the primes. The sot of primes p for -
~which A{p) =0 is callod the basiy of hf3). It is casy to
R e L T congtruct generalized charncters for whicI vhe-basisconsists = - : B
Co TR T T ol exactly one prime. This paper is devot | to proving that
. there are no gencralized characters with a finite basis con-
. sisting of more than gne prime. The proof uses quantitative
work 6f Vinogradov on uniform distribution [cf Trav. Inst.
Math, Steklaoff 23 (1947); these Rev, 16, 5'}9"{ and work of
: Gelfomd [Bull. Aead. Scl. URSYS, Sér.. Maih [1zvesthyn )
S e e e e Mol Ml H5S R 0; ROM-SVHfeR: Web | 308
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exist integers wh:ch aré products of exantl
eger xaitly three prime
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. ) nnnik, Yu. V. Some conditional theorems cozcerning
F%%mm prime numbers. Doklady Akad.
Nau Y 7 ISR (IO, (Russian)

i

' Assuming the Riemann hypothesis for }(0) the author
| shaws that for every large integer NV and ¢> 0 primes p and
| p' can be found such that [N--p—~p’| <(log N)**. The
' proof is based on the formula
|

(lulm"“ -
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o p rimm.g ,‘\:5 Sy,

i

APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2"



"APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2

PA 233792

LINNIK, YU. V.

:1I

N
USSR/Mathematics - Number Theory ' Nov/Dec 52

"Certain Conditional Theorems Concerning Goldbach's
Binary Problem," Yu. V. Linnik

"Iz Ak Nauk S8R, Ser Matemat" Vol 16, No 6, pp 503-50

Work possesses a,conditional character. It discusses
deductions which can be made from Riemann's hypothesis
and various hypotheses on denseness in the direction
of Goldbach's binary problem (i.e. psp' = 2N). De-
velopment of previous work (cf. "Primes and Pawers of
Evens," "Trudy Matemat Inst Ak Nauk imeni Steklov"

Vol 33, 1951). Bubmitted by Aead T. M. Vinogradny.
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LINNIK, YU. V.

USSR Mathematics - Statistics, = e

Distribution l=v

"Tinear Statistics and the Norme> i=v = .
tridution,” Yu.V. Linnik

- Nu...iu.,

"Dok Ak Nauk SSSR? Vol 83, No 3, = 27!

Considers r independent observaticos XX«
tain chance quantity X: Xj,..,% {repecr
selection from vol r); and the linees -==
tions of observations (e.g., by the m==t.
least squares). Two such functicos {2 2oom=
statistics are: au.?nv- aXy ¢ 28T =
Lo{x) = byx3t .- +ox,vhich are essm= -

ey

25T
.u.nooan zerc for certain values & oo™
and b Introduces the entire {iztm

godwg of & camplex variable z: & = -

LR e

\.H\N.?.tx\?\s\u-..-&,
monstrates a number of theorems megE=IIT
these expressions. Submitted by &=l &0

Kolmogorov 24 Jan 52.
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‘{ ' g’sﬁﬂ??nézs:knoénccment of the results in the pape ]
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USSR/Mathematics - Modern Algebra, 1L Aug 52
Admissible Subgroups :

"Free Operator Groups," S. T. Zavalo

"DAN SSSR" Vol 85, No 5, pp 949-951

States that the problem of the coustruction of
admissible subgroups is extremely difficult. Gives
& complete description of the construction of all
admissible subgroups of a free operator group with
& group of operators; however, for the case of free
operator groups with free assoclative system of
operators, a class of admissible subgroups which
are free operator groups is indicated. Submitted
b . N, '

y Acad A. N. Kolmogorov 21 Jun 52 239187
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GNEDENKO, B.,vV, [author]; LINNIK, Yu,vV, [reviewer]
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My-do 153, probabilitieg, @ Usp.mat.nauk 8 no,3:2056-209

(Prohubil it tng ) (Gnedenko, B.vV.) ( 6:7)
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LINNIK, Yu,V,; MALYSHEV, A.V.
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Application of the arithmetic of quaternions in the theory of ternary

quadratic forms and to the decomporition of numbera into ocuben. Usp.mat.
nauk 8 no,5:3-71 §-0 'S3, (MLRA 6:10)
(Quaternions) (Porms quadratic) (Numbers, Theory of)
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Vi Linnik, Yu. V., and Novoselov, V. 5. Random disturbances: g B
" of the regular precession of a gyroscope. Akad. Nauk! ‘é ;fk' Q, .
SSSR. Prikl. Mat. Meh. 17, 36(-368 (1053).  (Russian)' ’ v
1 Consider a system [ ) e
' dx; o e . .. P o
(1) —ll—-e.\.[x,,m(u,/]-e Sl Aal). 1] (;,_,=1,---.n)l ~
: {
where the functions A() (k=1, -+, {) characterize an
I-dimensional random process. Let nx(f) denote the mathe-!
Mathematical Reviews ‘matical expectation of A:(f) and let Ag(0) =an (1) 4-bel0), so?
VYols 15 No. 2 that the mathematical expectation of the random functions; -
Fab. 1954 iba(t) is zero. Further, let S={S8[y;, 4:(1), 1]} denote an-
Moochaniosa n-dimensional random vector-function which for the given

vilues of the arpuments characterizes an n-dimensional
mnﬂ(lmu procens, The nitial alata ol the system (1) are
tnaanmed 1o be random and given by o distribution with
probability density :

i Plesavt wS- b - R R AN
1 N
\.ﬁ\ YWirl e a iy 8RR T B P 1 S L I A L T .
! ALETY 2 BT B s (R |
. Dot it
Losvcatibore 1 e nf by Eon ’;, :

zis‘l'! § i‘ i
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Introduce one column matrices B{t), S() and 2° with the
ments b (1), S.() and z2 respectively, and assume that
they represent statistically independent processes, B{ and

S being, in addition, stationary. In order o secure con-

tinuity of the processes their correlation matrices are as-

_sumerl to be continuous. Further, the processes B(f), S(¢)

- . and 2 are assumed to have Gaussian distributions. Then
xP=y" Al)=a (), S{Silx, ), 1] =0 == {z:()} is also a Gaussian process with correlation matrix|

holds. Consider a finite time interval and assume that !h(—i' R. and probability de'-‘my

probable .valm'zs'of max | b (8 /ay ()] and x| {x; v ) /00 3) fle, - k) =[2""D(R) ]
are small in this interval. The random proces: characterized ¢

by the functions S{xp Ay (t), t] may be conzideced as 20 X"-“P[("‘/ZD(R)) z DuEffl]'

[N, SR

collcctif)r.Lof random surfaces having the property that the 65—t i
prob.ablllty' is .unity that these surfaces have bonnded where D(R) is the determinant of the matrix R and Dy b
partial derivatives 35;/dx; and 35i/04x. Under these as- are the algebraic complements of its elements. ’ !
sumptions the system (1) can be linearized and coduceds © The second part of the paper is concerned with application i
to the forml " of the results obtained to the motion of a gyrescope, Lt 0, :
LA . . . be the angles of nutation, precession and proper vota-
(2) E—=}§A a@Oz-Fet) (=1, -+, m), ’ timfof a gyr()s(‘::c)pc,'n)sp!:ctivcly[. i"(xx'lllcrxl\t)rfz,‘lctKA and €
where ‘he the moments of inertia of a gyroscope, nt its mass m}al 1
. ‘the distance of its center of gravity from the fixed points
si=xi=Yi  Fat) = (1) -1-Set), Sl =Sy, (0), anlt), 1] Then the Lagrangian equations of motion can be put in
‘The functions () and X;(t) can be casily evaluated and ‘the form . .
ithe system (2) solved with given initial values 2,2, #==J? sin 0 cos 0 — (C/A) (¢+ cos 0)¢ sin 0

. -+ (mgl/A) sin 04- AL/ A,
' = C(¢+ cos 0) cos § =244 cos 0]/ A sin 0+ My/A sin? 0,1

IhaLdd)
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iwhere the moments Mo, 3y and M, are aaspined 1o bei
vandom fone tienz ol thao v apablecs & 0= 0 Boa i pive ng
dnbtial conn o to AL g TP

vy i v

fupatlitera b the piveets s I, itk cant ol it conae b ;
i(imn mtatrin K oot the procens s 5,03} can b cabibitea
Finally the density of the distribution of the deviations ol
’zthc motions of a gyroscope {rom the regular precession can;
‘be evaluated by formula {3). B Leimauis .-
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v
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; ‘/uunik. Yo V. Addition of prime sumbers with powers of
; Lt Bune gumber, Mat. Shomik N.S, 32(74),

3-60 (1953), {Russian)

The author provea that every large even integar cay be
Written as a sum of two primes and k pawers of 2, where &
8 an absolute conatan

nt. In a previgys paper [Trudy Mat.
Inst. Steklov, 38,' 152-149 (1951); these Rev. 14, 3557 the

el ann hypothesis, If 2 iy replaced by an integer £>2, the
proof also appiies, A becoming a function of g The autkor

{ also states that any lanze integer, written in the binary

| scale, can be anged into a Goldbach number by altering

;La bounded nurber of digits onfy T H. Heilbronn,

‘ e el

b Ll ue L o] i Visis i 4 Continuation of 3 previous paper

_Vol. 15 No. 1 . - (NS, 83, 353-355 (1952); these Rey, 14;60]

e Jan. 1954 - . Ak . to the previous review, A simple sufficient

‘Aﬁalysid ’ 50 - [(B) implies .(A) is given. A theorem g Riven where the £

ey 'b ~rormal law in (A) is replaced by a convolyt: :
i ("I' i ‘l,l/," .

- metrical stable laws, followed by two theorems on character-y
R 1istic fufictions, of independent interest. The second asserts

. -[that if a’ch. f, j5 of the form g7t i —~0Suss where P s at
polyndmial, then it is so

| o for all real u, The maximum of 3
sequence of independent

! f random variables js the “dusl” of; -
their sum, in the sense tha

e o - Jthe R 10015-2"
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the dual
re stated. A more detajfed '

3 review must awaijt publica-! - -
[ tian of proofs of these announcements, X, 1

X Ch_un,q._‘__ -
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auk SSSR (N.S.) 89, 209~ N

211 (1953 .
Mithematical p. + (Russiany
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Lin Yu. V. Some applications of I:obaéevskil’s ge-.
e QST E f binary quadratic forma, Doklady,
- - 0. Akad. Nauk SSSR (N .)93,973-974 (19535. (Russiap)
X . o " The author announces some resulta on ¢he distribution

o ] :of the reduced positive definits binagy quadeatie formg

o OBt op of large detesminant Wgem—D<o, Op.

" putting Limetq, ¥y=b, ge=mg~g, the reduced formsv

' , ,are represented by pojnta (x, v, ») on the hyperboloid
e - ¥=y~gaDso with y ntegral and x and 5 halyes of
LT - intcgers of the same parity, in the region A defined by
B R 2[yf§x—~:§x+z. Renults are given concerning the number
‘- o ~of such paints in certain sub-ragiong of 4. The method of
" proof is said to be similar to that indicated in a previous
pafer [Linnik and MalyZev, same Doklady (N.S.) 89, 209-

: 211 (1953); these Rev, 15, 406], but to depend on the exig.

“tence, in certain algebras of generalized quaternions with
{ indefinite n, + of ari intogers with a Euclidean
' i One of the results stated is aa follows, Suppose

and (~D|g)= +14;'Then there exist forms

: ..\,_.,__,i..,.:—_‘..T..‘;-«...,.ﬁ-?...»g m,....,,,,,\'__;. (ax/e.e) -

i b8
—
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7
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Card 1/1 Pub. 118-29/30

Author v Pelrov, V. V., and Linolk, Yu, v, (revievern)

Title ¢ Review of the book 'Teoriya veréy;fﬁostey' (Theory of probabilities],
V. A. Unkovskiy, Navy Press, 1953, 320 pp, 10.90 rubles

Periodical : Usp. mat. nauk, 9, Mo 3(61), 278-282, Jul-Sep 1954

Abstract ¢ The content of the book consists of the following: principal con-

cepts and theorems in probability theory; Bayes formulas; binormal
distribution; random quantities and their chsracteristica; law of
large numbers in the Chebyshev form; properties of the normal dis-
tribution and of certain other distribution laws; concept of the
Lyapunov limit theorem; the laws governing the distribution of func-
tions of random quantities; probability distributions in the plane
and in space; elements of mathematical statistics including A. N.
Kolmogorov's criteria of agreement [soglasiya] and chi-square (without
proof); method of least squares. The reviever states that the book
cannot be recommended as a textbook for any class of reader because
of the numerous errors of printing (more than 100), besides errors
of a technical nature.

t

Institution

Submitted H

APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2"



CIA-RDP86-00513R000930010015-2

"APPROVED FOR RELEASE: 07/12/2001

S Kimalk Vi,

cation of the' theory of Merkov ch
¢ of “qualerniofn
ﬂ_"*ﬂﬁ?""'"nfi“ifii“h{(-‘;\ .

'sé;é o

et [ which are pebisiltive (o not. wal favtie)
: A?"f“.‘f*. u'!\h\,rknﬁ ehadn {in the weime of iwnhnﬂi,iiﬂ?i}lt-‘l?:i::‘;fj) ‘
e it} _Ss‘!ny'lmll_lvu the Repy stichi that SR, 1 peliodrive
Hl i l..,!n_}uu"f.h;'_nlm-.‘h‘-l sl D el R o i
|}.xs7(}1'mh3u_ a tsschu v heowatier ol Grlutfen ~
e il 1Y el wintdr of piliive B ey o ol
TosilEs b Cnipel - () s g)ady, &} ku' )
y b ol o e, Frang this i
wlog - pesalt of M I
;ls;u'g (‘«[1 1. intidl
R e ey (3
it Tg W t;%lf)ﬂ)":“l .Ia'il)‘!m T!(')
FHE £ Lg fie tin Mim)) b the :
¥ }ﬁmt .lm’*“";’."-"!‘{lﬂﬂ i}m'm‘unhér'i‘l(m)”%i‘;‘
odda lacllvlq]hlqguﬂm befe by a glven %ol porm » 6
: R U m)=rg7 0 88 piwase LYu VoLl it A, v,
<o Mulslov, Uspohl Mat, Nawlk (N.8) 8, no, 5(57), 311,
- (1953)i 10, no. 1(63), 243244 (1955): MR 16, 4501 -
Lo WS Cassels (Cambridge, Englandyol
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LINNIK, Yu,V, (Ieningrad); Kmsu, A.P. (Leningrad)

Mathematical statistical account of -une
surf
pPolishing, Ingh. sbor, 20:154-159 154, e Tenons con::Iu;: g?;-;-owing

(Surfaces (Technology)) (Grinding and polishing)
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LIUNIE Yu.v, Kittsiti 8. 0e,

. v atarshily nauchanyy sotrudnik
i A AT ETH ROy e

Statistical characteristics of surface orofilograms, [Izd,]
LONITOMASH no.34:223-229 sy, (MLRA 8:10)

1, Chlen-korrespondent Akademii nauk SSSR (ror Linnik), 2
gradskly gosudarstvennyy universitet imen{ A.A.Zhdanova.
(Surfaces (Technology))

. Lenin-

N . S SNER TN Eak =
PR TIER T WAL FODE .
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SLINNIK, Y VLT e e
Al-IS_SR/Mathemtics o ‘
Card e 1/i .

';VIAuthofg H Iiﬁnik{ Yu. V.? Hemb..Corrcs. of Acéd. of Sc. USSR’

A ',Titie S ' As'ymptoti'c;_dj_.stribution of integral points on a sphere

| Periodical & Dokl. AN S35R, 96, Bd. 5, 909 - 912, June 1954

- Abstract s Some preliminary results regarding the asymptotic distribution of integral
Do - points on a sphere were obtained by A. V. Malyshev and the author. The
hypothesis concerning the existence of a uniform asymptotic distribution
is basically confimmed in this report. Nine refsrences.

'Institution The A, A. Zhdanov State University, Leningrad.

- Submitted March 5, 1954
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- USSR/ Mathematics - Binary quadratic forms
Card /1 Pub, 127 - 1/12
' Aubhors’ 4 Linmik, Yu. V.

- Title 1 n asymptotic distribution of reduced binary quadratic forms in connection
- with the Lobachevskian geometry (II) .

‘Periodical 1§
Abstract

Ves._t'.\Len. un. ser. mat, fiz, khim, 5, 3-32, May 1955

In connection with an interpretation of the Lobachevskian geometry, a
series of lemmas and theorems is presented. By their proof, the
asymptotic distribution of roduced binary quadratio forms used for pre-
sentalion of pelnts on a plane (Lobachevskian) is conformud. The prool
and sontormatlon are acoompiished in view of the Cagleoy Lhsoram with
_r.mrl:tuntjmn 6l Lhe inbr) g nuthods  Tuenby-pix pelfersivent 3 Usvim,

g e kal, and B8 UBHR () nia=194h),

nabibubdem + qyasa
Bubid bbal  Oababage 1, 1yk)
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Hie formd In relution o the geametre il

. - Tobaterskl L IL T1L  Vestnik Leaingrad. Univ. 10
(1955}, no. 2,3-23; no. 5, 3-32; no 8, 15-27.  (Russian)

Let A consist of those points (a, b, ¢} in three-dimen-
sional Euclidean space snch that 120! g ~c or052b <a=c
or 0<2b==asc. Let & he a convex cone with center at the
origin lying entirely either in that portion of A for which
¢S fa or in that portion for which ¢ Ka, where K is a

‘ given positive number >1 Let A(A) be the volume of
that portion of & lying mside the hyparbolad ac - bt
and similarly for A(X;. (1has of we reeard the pasitive
sheet of the hyperboloid ac - b4-1 4o 0 coatiinin of the
Lobatchevskian plane in the usual way, A{Y; 15 2 constant
times the Lobatchevskian area of that portiun of the

_ hypertoloid which lies in £j If D is an odd nesitive integer
let h{— L) be the number of lattice points {4, b, ¢} on the
, hyperbolaid ac —d%=D such that a, 25, and ¢ have ged. |
“and (a, b, ¢) lies in 4, and let Jig{-- D) denote the number
of these lattice points which also lie in 3. Thus. if to each
triple (a, b, ¢) we make correspond the binary quadratic
forrn av®+4-2bxy+cy?, then h(—~IY) is the number of

of 2 by 2 matrices L such that L2==—DI, where [ is the
2 by 2identity atrix ) By the Heilbronn-Siegel Theorem
h(-—D) tends to infinity- with . The anthor proves that

S LT B

_ reduced’ properly primitive binary quadratic forms of
determinant =D, (Still anntlicr intérpretation is'in terms ™

"APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2
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ST L/Ma/f% o
R -.if D goes to infinity through the odd integers such that
~{=Dip)=1 for some fixed odd prime number p, then.

oo This da an fmpravement of o result. ammux\gad anitler

. “{Dokl, Alad. Nuuk 3SSR (N.5.) 93 51953) 973; MR 18,
; 6]‘ to the effoet that if K is suf iciontiy lirge, then
NN A g g {~DYA{- D) >0 (with  the. same set . of o
tvalues. for. D). The arguments employed nre velated to -
those used .in_proving a- similar result concerning the

fit

ptotic distribution of Iattice'points on spheres fibid. . -~ .
54),-909-912; MR 16,7451, A certain ‘generalized |

‘quaternion algebra is an important tool. {The reviewer . -

beliéves that in § 43 there is a minor error in.a volume

calculation which the author makes in applying the main |
eorem to a special situation -~ . P, T. Bateman.

mek, Yu. V. An lixew arithmetic application of the
' "geometry of Lobafevskii, Dopovidi Akad. Nauk
| Ukrain. RSR 1955, 112-114. (Ukrainian. Russian
summary) '

A sumrary of the paper reviewed above. .

P. T Bateman (Princeton, N. “
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o0 innik, Yo V. ;garkovchainsi the analytical arithmetic
’ ~—*orfuaterrions and matyices, ! };Yc stnik Leringrad. Univ.
7 117(T956), no. 13, 63-68. (Russian)

-" "+ A proof using less recherché machinery from the theory

- of ‘probability of the ‘author’s result about - primitive .

* integral quaternions B which can be expressed in the form

. RiRa- -+ Ry, where cach I is an integral quaternion of

fixed norm r [Uspehi Mat. Naulk (N.S.) 9 {1954}, no.

4(62), 203-210; MR 16, 1002]. The present proof is also

_ valid if B is'a primitive integral 2 by 2 matrix and the Iy

“+ ‘are-taken from a fixed set of representatives of the classes

. of integral matrices of determinant r under right as-:
sociation, [Cf. the paper reviewed sccond above.]

.. J.W.S. Cassels (Cambridge, England).

Dumesasmmaren
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LINNIK, Yu,V,

Predlem for characteristic functiens ef predadbility distri-
butiens. Usp.mat,nauk, 10 no,1:137-138 'S5 (MLRA 8:6)
(Distributton(Probanility thaory))
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Lannig, Yo. V.

SUBJECT USSR/MATHEMATICS/Theory of probability CARD 1/1 PG - 307
AUTHOR ZINGER A.A., LINNIK Ju.V.

TITLE On an analytic generalization of the Cramér theorem and its

' appliaction.

PERIODICAL  Vestnik Leningradsk. Univ. 10, No.11, 51-56 (1955)
reviewed 10/1956

The authors prove the following generalizatioa of a well known theorem of
H. Crambr (Random variables and probability distributions, Cambridge Tracts
36, (1937)) + It f1(t),f2(t),...f_(t) are characteristic functions,
31,32,...,5. positive numbers and 2

a, a, L iy t- -g—
(1) f, (e)r, “(¢) ... £, (¢) = C

is valid for -o00o <t <+ o, where K is a real number, then fj(t) is the

characteristic function of a normal distribution (j=1,2,...,8). This theorem
is applied to give a new and simple proof of a theorem of V.P.Skitovic
(Izvestijs Akad. Nauk 18, (1954) 952§ according to which 1f X ,X,p---,X,

are independent random variadbles, L and bk (k-1,2,...,n) real conetants,
n n
&:} L N LYin! L éii hhlb are almo independant, than, Cor thoss

BRVHEE ab b bey alib e om0 v, te nutmntly diatrtbnred

further y,-

i
T
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HAID, Anders, 1913~ ; VOROB'YEV, H.N. [translator]; PETRO¥, V.V.{}ranslator];
KHUSU, A.P. (translator]; LINIIK, Yu,V., redaktor
ey £ ‘j’

[Statistical theory with engineering applications. Translated from
the English] Matematicheskaln statistika » tekhnicheakimi prilozhe-
nttami . Parayod o aneliVakorn NN, Vnrohtavn, ¥V ¥ Patrpgn § AP

" [} ‘ ey i o }

APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2"



"APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2

~ LINNIK, Yu, gf G s

Detarmining the probability distribution by distributic: of statistics
[with summary in English] Teor.veroiat.i es prim. 1 no,bL:466-478 !'56,
. (MLRA 10:5)

(Probabili ties)
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1

"A course in the theory of probabilities.” B.V. Gnedenko. Re-
viewed by S.5. Kislitsyn, IU.V. Linnik. Ukr.mat.zhur. B no.2:
231-232 '56. (MLBA 9:8)
(Probabilities)

(Gnedenko, Boris Viadimirovich, 1912-)
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LINNIK, Yu.V.

the analytic theory of
On polynomial statistics in connection with .
diflf’erential equations. Vest.Len.un 11 no.1:35-48 '56.(MLRA 9:5)
(Differential equations) (Mathematical atatistics)

(Distrubution (Probability theory)
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SUNJECT VOOR/MATHEMATLIOS/Numbar theory CAlth 1/1 Pa - 308
AUTHON KUBMILJUS 1.1, LINNIK Ju.v,
TITLE An elementury theorem of the prime number theory.

PERIODICAL Uspechi mat. Nauk 11, 2, 191-192 (1956)
reviewed 11/1956

By a very simple argument the authors show that there are infinitely many

pairs of prime numbers Pyr Py such that PPy = az + b2 and 04 b «Llog PiPys

where a and b are integers.
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. SUBJECT USSR/MATHEMATICS/Statistics CARD 1/2 PG - 634

- AUTHOR LINNIK Ju.V.

- PITLE A problem of the differential algedbra arising from mathematical
statistics.

PERIODICAL Uspechi mat.Nauk 11, 3, 169-170 (1956)
reviewed 3/1957

Let 11,x2,...,xn denote independent and identically distributed random

variables having the distribution function F(x) and the characteristic

function y(t). Let us put S = X +Xo+ o.- +x and denote by Q a polynomial

of the varisbles 11’12""’111‘
k k k
1 2 n
(1) Q-Zbkk “”an1 X," eee Xy

The condition that Q and S are independent leads to the following aifferential
oquation for y(%):

(2) p(t) = p(0) (y(+N"

where Ko+eeotk (k) (x,) (x.)

(3) D08 = vy i () ! By )y 2 (8) ey ()
n
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- Uspechi mat.Nauk 11, 3, 169-170 (1956) CARD 2/2 PG - 634

Thus the statistical problem of determining the distribution functions P(x)
which have the property that S and Q are independent, leads to the investigation
of all solutions of the differential equation (2), i.e. to a problem in
differential algebra (see H.Ritt, Differential algebra, N.Y. (1943)).
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__LINNIK, Yu.V,; MARKUSHEVICH, A.I.
TR SN AR AT N R

Aleksandr Osipovich Gel'fond (on the 50tk anniversary of his birth).
Usp.mat.nauk 11 no,.5:239-248 S.0 '56. (MLRA 10:2)
(Gel'fond, Aleksandr Osipovich, 1906-)
(Bibliography--Mathematics)
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LINNIE, Yu.V.

Markov's chains in analytical arithmetics of
quaternions and
matrices. Vest. Len, un, 11 no,13:63-68 *56, (MLRA 9:10)

(Probabilities)
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LINNIK, Yu.V.

Theory of proiabilities in practice, Nauka i zhizn' 23 no,10:11-13
0 '56. (MLBR 9:11)

1. Chlen-korrespondent Akademii nauk SSSR,
(Probabilities)
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E dimﬂmuimmi iﬂb(rﬂnmnuﬁ, Opa tipmos Folnviilanf in the
< mean with respeet fo- T, 'f‘,fp) I -the conditional

) _expectation_ of Pfor fixed T is mdependen! of thevalue - -~ oo - o
- of.T. The author states. sufﬁment conditions that; when T R )
~.'stich a polynomial is invariant in the mean with' respect
to’ T=xy4++-+x,, one can conclude that the one-di-
o mensional distributions are normal. ‘He shows how this
R ~theorem can be deduced from a theorem on analyticity of -

o }{ ,so!ut,ons 4# an-algebraic differential cquation.

R : dl’ Kaplan. (Ann Arbor. Mlch)

<

Co%w }W,&L /?S‘ //5¢/(...”
Tk Gt st s,
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LINFIK, Yu.V. (Leningrad)

Factorizing the compositi
’ I on of Gauss' and Poi '
sumary in Bnglish). Teor.veroiat.i ee prim?lgnn:.%?;Lg;iE;l?

(Probabilities) (MIRA 10:7)
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ABSTRACT: We consider the problem of a least sjuare estimatlon of
the matrix of "elements"

As]|!

#
o

Y = x(°)+ XA,

by means of the equations:
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52-3-4/9
-some Remarks on Least Squarea in Connection with Direct and Inverse
%ocation Problems. '

N is greater than n, and that the rank X 1s equal to n.
In such a case it 1g possible to obtain an evaluation

of the elements of A by the method of least squares.

If the evaluation 1s denoted by A we have

A= XP(L-x"), (Eq.1.3)
CaxCpn=XTP.X (Eq.1.4)

where

and C 1s an indefinlte symmetric matrix. In Ref.2
APPROVED FQRRELEASEINO¥Jd2/200Le < &GIARDR86n00513R000936010015-2"

intervals for the several estimators of 81, 89, ..+, 8y

and proves that to obtain fuller information 1t 1is
essential to use in the construction of the corresponding
statistics all the elements of the matrix e2C~' , and
not only its diagonal elements which occur in the con-
struction of the above-mentioned confidence intervals.
Such considerations lead to the construction of confldence
Card 3/6 domains for the estimators of all or some of the elements
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. 52-3-4/9
Some Remarks on Least Squares in Connection with Direct and Inverse
Location Problems.

Theorem. Let G = Gpn be a knowvn m x n matrix with

h.l Zl
range m; H = = GA; 2 - E the general coordi-
by Zn
nate vector; C = xT PX; K gGC'lGT;
G
J A= . the matrix of least square estimates of &;
a

'\7=X(°) - XA - L; H -GA

Then K is non-singular, and the confidence ellipsoid 3‘,02

z - MTx Lz - ) =y [P¥7]

Oard D/G anvors the point 72 = H with bhe probabllity pqg» whore
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(L 1o tho t=th pluco); K s ag=lyg! —{ } L1, By of Lhe Lypo

~ \2 o
(1 - - ~ rs
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c &« which 1 tantamount Lo the coxmt.x'u(il,.lon

of tho woll known sopurato contldoneo intorvals flor uis
involving Student's distribution. An application to
geodetic location problems on a plane 1s given. In this
cngo n e 2, and tho equation F:I,N-B(‘{o ) = py 1o

nolvable n olomontnry Cunollonn.
MThare are Y 1yruron and ralorangon, 6 of whiah arae 3lavia.

QUEBMETPIRD s Meeobhy [, 100,

AVATLABLES 1 beney of Congress,
Curd ‘..'n/(i
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SARTMSAKOY, T.A,; LINNIK, Yu.V.

Fikolai Pavlovich Romanov; on the oceasion of his 50th birthday.
Usp.mat.nauk 12 no.3:251-253 My-Je '57. (MIRA 10:10)
(Romanov, Nikolai Pavlovich, 1907- )

Bt hintaai il
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ZINGSH, A.A.; LIWMNIK, Yu.V.
pasams ARSI AR PR i
Onb class of differential equatione and its arplicatisa to certain
probleng of the regreasion theory (with summary in English). Vest.
IGU 12 no,7:121-130 *57. (MLRA 10:6)
(Difforontial oquatisns)
(Distribution (Prohability thaney))

AUTHOR: LINNIK,Yu.V. (Leningrad) 39-2-6/17
\-’——'—ﬁ“
TITLE: Asymptotic-Geometric and Ergodic Properties of the Set of

Integral Points on the Sphere (Asimptotiko-geometricheskiye i
ergoticheskiye svoystva mnozhestva tselykh tochek na sfere,

PERIODICAL: Matematicheskiy Sbornik, 1957, Vol. 43, Nr.2, pp.257-276 (USSR)
ABSTRACT: The author considers the integral points of the sphere
KB(m)a x2+y2+22 =m mz=1,2 (mod 4) or m=3 (mod 8). KB(m)
is projected from the center onto K3(1). Let P be a closed
convex domain on K}(1) with a piecewise amooth contour, let [Mbe
APPROVED FORTRRIEASE? 87/ T2/9061 X3 (01alRbPEE-bds1 Sre008938010015-2"
integral points on x3(m) inside of ' j H (I"') - number of
primitive points. Let Ho( Ks(m)) = Ho(m) and H(Kj(m)) = H(m).

The author proves a theorem which is a certain geometric
completion of the result of Siegel 1n Ho(m)"? 1n n.

Theorem: Let q» 3 be a prime number such that (-%1) = +1. Let

W( ) be the soliad angle under which Pcan be seen from the
Card 1/2 center., For m —» 0o then we have
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AUTHOR CLINNIK, Yu.v., Corresponding Hember of the 20-H=7/67
Academy of Solenage of the u.g.g.u.

TITLE On the "defining" Statisties; a Generalization of the Problen

of the MNoments,
(ob "opredelyayushchikh" statistikakh; edno obobshcheniye probleny
momentov ~ Russian)
PERIODICAL Doklady Akademii Nauk SSSR, 1957 Vel 113, Nr 5 PP 974-976,(U.S.S.R.)
) Reeeived 6/1957 Reviwed 7/1957

ABSTRACT X is assumed to be a onedimensiona] change quantity with the law of
distribution F(x) = P(X< x), ana (x1, x2,v.¢ xu) 18 mosuUMed te be
cerrespending, repeated selestion (of a chamce veotér with indepem-
dent compenents distributed according te the law F(x)). Irdireet ob-
servations are carried eut on X, whioh furmish the values of a gertain
centinuous statistio Q(§ )+ The follewing preblem may then be set
up: In what ocases de ebservations as te the statistic Q(?) perzit
the setting up of the law F(x). The auther here investigates the
foellowing anmalytical preblem: If the law of distribution of the sta-
tistic Fo(x) = P(Q{x) is exactly kmnewn, the law F(x) has to be de-
teryined umiquely. If 1t i pessible to de se at a givenm statistie
Q(;) in the olass ef the laws R, the statistic Q( £ )is deneted as
defined in the class R ef the laws F(x). The investigatiem of the

definiag statistiecs and the elasses of laws eorrespeading te them

Y opROVED TEK RECERER, 87, TAPa00E PrCIATRIPEE: 0083 8R0089309 H2015-2'
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e 20-5-7/67
On the "defining" Statistics; a Gemeralizatien of the Provien
of the Mements., - =

loeked upen as a generalizatien ef this preblem. The auther here
investigaties hemegeneocus statistigs Q. Three theerems and & oerres-
pending lemma are given. As a pYoef of thie theorem seme nenlinear
integre-functional equations are to be studied (net carried out here).
When investigating the uniqueness of,the.solutiona of these integral
equatioens, the integral equatioms within the demain ef the slight in-
oreagen of the solutiens are linearizgd approximatively.

(No 1llustrution), ‘

ASSOCIATION Leningrad Department eof the Mathemationl Inatitute "STEKLOV, v.A.»"
of the Acedsamy of Aaimnne ef the Y.A.0.0.
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AUTHOR _LINNIE, Yu.¥,, Corresponding Member of the Academy of Sclénce:
of the USSR.
‘ TITLE On the Compositiom of the Probabilisy Theorems By Gauss and

Puasson/read Poisson/.
(0 xompositsil weroyasmostmykh sakomov Gauzsa § Puassons,o

Rulni&l)
PRRIODICAL Doklady Akademii Nauk S88R 1957, Vol 114, Mr 9, pp 21-24 (USSR).
ABSTRACT The paper umder review contaima a brief diascuesiom of the proof

of %he feollowing theorem which represents s generaiisstion of Ghe
wgll-knowa Ly Ho Cramsr and 2.4, Raykew,

Theorem: The composision of 3he theorems by Causs and Puasson
7;;;4 Podsscm/ can- e decomposed only imic dhe simiier sompositions,
with she sum of the disperasicms of %he Gauss texms of sum beimg
equal to the dispezsism of $ha Gauss maim acmpomsns. The same is
trve alad for the Pvassca/read Poissom/ terms of eum.

Firat of all, ths paper under review elabosragtes ox ibha formulatiom
of Shiv theorsm, ‘“Lan & presupposiidiom im gilven for She proof of
ihis theormezn, Taim proof is ol bassd om the theorema by H.Cramer
and J.A, Rykow; for dhe $#ime baimg, 4t 4s war) compliicated amd

iy bagsr i%asll om mamy facts of the theory of 3ha whois fumctions
as voll rz of She funsciions;, summable inm awdgordsmoa wijlh Ledesque,
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TITLE: Some o Memb Uss

‘ orems on the Decomposition of Unboundedly Divisible Lawg
Nekotoryye teoremy o razlozhenii bezgranichno -delimykh zakonov)

PER];ODICAL: Doklady Akademiti Nauk SSSR, 1957, Vol.1 16,Nr, 4,pp.549~551 (USSR)

ABSTRACT:  Let X be a random variable with the unboundedly divisible lay F(x).
For its oharacteristic function P (t) holds:
Q

[s0]
(1) In \r(t)—p(t-"'tgt {‘(citlvl j—'-g-&,—‘-)vﬂl(')t [(”itw | 1

t%)'"ﬂ v),
tos #

) “l ‘L ‘m
(<) Lnp(t) = /!1u D LG Z. >\m(e ! -1),
m= ]

where Ngw, >\'>0, /'\m>0, E Xn converges. The charact
function of the single Poisson component Y

!g:tic

'1))9

o 18 exp ( A (e

Ma = -:Lf%} + The spectrum is called rational if /‘\.//M 1 1is

ratianal for all ;,1,

Theores 1: Lat P be an unboundedly divigible
positive, rational finite or countable Poisson :apsctrum and.
with U > 0. In order that F has only unboundedly divisible

EORRELEASE" s 010015-2
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ent with the decreass ng number
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where Pj(it) ins a polynomial of at moat third degree and q)(u)

isa_a real function on [O,n] sunmable in tho square.

A further theorem gives the form of the characteristic functions

tn the oman of a positive, boundad apealrum beilng rablional =t

tha right of b,

The praefn hnae vy the thovvam of Paloy Wienae an the vepersasnbation
wl mubben Fuvnblipnnn ol woperemub bl bypw whionh vie e weln bmlnug
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AUTHOR: LINNIK Yu.V., Correspanding Membey, Acad.of Sei. USSR 20-5-5/48
1 R St
TITLE: On the Decomposition of Unboundedly Divisible Laws (0 razlozhenii

besgranichno. deliaykh. zakonov)
" PBRIODICAL: Doklady Akad.Nauk SSSR, 1957,Vol.116,8r.5,pp.735-738 (USSR)

ABSTRACT: The present paper is an extension of the results obtained in .
the..preceding paper (Doklady Akad.Nauk,Ser.Mat.,1957,Vol.116,8r.4).
. The notations are the same ones. .
Theorem: In order that an unboundedly divieible law F with a
..Gaussian component ( ¥ >0) can be decomposed only into unboundedly
divisible components it is necessary that.its Poisson spectrum is
finite or countable. Hers the Poisson frequenocies fﬂ- and vn in

) 1t Le M “1AV )
(1) ln\()(!) "f"'“‘“x %v" '7;"" ’\m(“ f“n”a T};%)' (5" N "(” "y "’;})
e ] " (128 0v"

hiwwe ko ba Didapbinad wl bkl bhin numbiny dugiinnnnn

l:
.tl W ‘! ‘i .

L N TR

AT |

‘ By Vo b o ' Y — "
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respectively. Here k, and 1 : int .
(2) and (3) are bounaod, thgn‘:;of:gnd:t;:::saic?nnigi:::n:p:::r‘
The theorem is generalized to the analytic direction as follovs;

Theorem 2; For a sequence of real
to zmero let ~numbers {tk} » >0 tending

(L) e () (),

where oy >0, ‘Pd(t) are charaeteristic functioms of random

-variables, p (t) are characteristic fumction :
: s of an unbounded
T«I;.viniblo law of the type (1) with & bounded Poisson spootr:n.l’
en. every Yj(t) (J=1,2,...,8) is of the type (1). Its Poisson

spectrum is contained in (1). Two Soviet and 1 foreign refearences.

ASSOOIATION:Leningmd Sect.Inst.of lhth.ileniV.A.Steuov,M. Se.USSR (leninmdskoye

. otdeleniye matematichesk i a
SUBMITTED: April 4, 1957 PeLogo inatitute im. V.d.Steklova 4.N.S558)

AVAILABLE: Library of Congre
Card 2/2 nerees
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Linntk, Yu. V., nrd AP, Khusu (leningrad ). Sore Conzllerstiong Dorness Sre tic

SGtatisticnl Annlycln of the Roughoeun oF Oroaund Profd es L. i

Interchangeability, Accuracy and Measuring Methods in Machine Building, Moscow,
EWFMEM'W
Promyshlennosti, leningradskoye oblast provleniys, kn. 47).

This collection of articles deals with the topics discussed at the 3rd

Ieningrad Sci. and Engineering Conference on Interchangeability, accuracy end
Ingpaction Methods in Machine-building snd Instrument-meking, held 18-22 Mar 1957.
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9qunrnq Laned on new idens and new achlievements 1in mathematigal
atatlastlon, with emphauls on Lhe mathematical and statistical

measuring of Lhe dayq obtalnable b { ;
r G Inab] Yy this method. Comput
procedures of the method or least squares are presentgd ilrt,:ional
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numerous examples. Starting with the introduction .of the
necessary fundamentals from algebra, probability theory, and
mathematical statistica, the author later discusses the theory of
data processing of direct and indirect (conditional and uncon-
ditional) obgervations, including Sheorsms of J. Neyman and

F. David concerning the estimation of linear forms of basic para-
metera. Two chapters of the book are devoted to the 'theory of
adjustmentsnwith the ald of elements and correlates. Certain
cases of the processing of geodesie data are discussed and the
theory of intersections is presented where application of
confildence ellipsee 18 somewhat of an 1nnovation. Parabolic
interpolation according to Chebyshev, certain Studies of A,

Wald concerning the 'adjustment of a series of points along a
Stralght line, and certain additional data on the method of

least squares including Gauss' formula, the theorem of A.N.
Kolmogorov, A.A. Petrov, and Yu.M. Smirnov, and the Cauchy

method of data Processing, are the final items considered in

this book. It should be noted that throughout the book the
constructions of confidence intervals for the estimation of the ¥

Card 2/10
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3. Linear functions of an n-dimensional normal vector 51
4. Reduction of a normal veztor to simplest form. Correlation
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8. Exsmple 117
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b, Exarres

129
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TITLE:"E€£;;;1~EEEBEEms on The Factorization of Infiniteliy

Divisible Iaws. I. Formulation. Three Fundamental
lemmas. Necessary Conditions.
(Obshchiye teoremy o razlozhenii bezgranichno delimykh
zakonov. I. Formulirovki. Tri osnovnyye lenmy.

N Neobkhodimyye usloviya.)

PERTODICAL: Teoriya veroyatnostey i yeye primeneniya, 1958,
Vol.III, Nr.l, pp.3-40. (USSR).

ABSTRACT: About 20 years ago the well known work of G. Kramer
(Cramer)(Ref.1) on the factorization of the rormal law
initiated a series of investigations on pessible
factorizations for some forms of infinitely divisikie
lays. Papers on this topic were written by P. Levi
(Ievy) (Refs.2-3), A.Ya. Khinchin (Ref.4), D,A, Ravioy
(Refs.5-6), R.A. I'isher and D. Dyuge (Dugud) (Ket.7).
But these investigations wore concemmod of Lhar wilh thae
novma’l Fay oo Wik AL TR B o AT R R R L O P I S
bovviowr ol ot veiiagy o
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2 ¢ itu itu
In e(t) = Bit ~ yt< + S (e' -1 - —§>dG_(u) +
1+u
-~ a0

o

. itu

itu 1

+ e ~1 - — |dG (u) £q.0.1

S ( l+u ) + ’
0

where the real branch of 1n u is taken for positive w;
B and vy 20 are real constants; G_(u) and G+(u)

are non-vanishing functions such that G (~00) = G+(co )= 0

Card o »
and S u=dG_(u) +

-a

u2ac ,(0) <o for any finite a = O,
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General Theore 17 Divisible

mS on the Factorization of Infinite
Iaws. I,

B = Bl+{32; Y = Y1+Yoi G_ = G£1)+G£2); G+ = G£1)+G£2).

(Eq.0.3)
> in the factorization

(Eq.0.4)

Whercas the componentas Fl and F

for T ¢ I need not belong to I for all forms of the
characteristic function of the type (0.1),. There
arises the question of describing aiy divisible laws F
which permit a factorization only i i

components.  The class of all such laws ig denoted by

Io; I0 C I. Ifin Eq.0.1 v £ 0, then it may be said

that the Corresponding law P has a Gaussian conponent,

The functions G_(u) and. G+(u) are the negativeoﬁfgo ]}5 o

08iti § P! Qoonoism-d?d)8§§&9§$3wqu%% aw F,
APPROVElfﬁghcégggjgsE?i??lﬂhged, continuous, countable op finite
Card Poissonian spectra are i

ntroduced, in particular in the
4/12 case of the finite p Spectrun wave:




"APPROVED FOR RELEASE 07/12/2001 CIA-RDP86- 00513R000930010015 2

{ “ivl,l);“)

APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2"



"APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R00093001_0‘0.1:54126£

I Y

SRR I O B B A
Gansinl PMhanome v Lhe Wooborisab i of URIR AR RER T IPCE VRN TRV SR T
'f'l\"': ‘l
wihna o .-\m s, :\““ e Uy el B anrahanss
et A u"" Aow”
i -l n
E: e and ey (Lg.0.9)
m=1 Lo+ Hm n=1 1 +\‘n
converge while
NRTLIN Z‘x v2 0 (q.0.10)
m™m -n'n °Ue
By L8 0n<8
as ¢ 0. An interesting class of infinitely

divisible lots is composed of 1

ots with a bounded P
spectrum. Their characteristi

¢ function has the form

o) a
Ine(t) = Bit =~ Tb2 + S(eim—l—itu)dGl(u) + S(eitu-l-itu) X
-b 0

x dG,(u), (Bq.0.11)
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General Theorems on the Factorization of Infinitely Divisible
laws. 1.

have been indicated in several papers. For example,
the Gaussian law G (: I, (Cramer, Ref.1), the Poisson-

ian law P ( I, (Baykov, Ref. 5,6); and the composition
of the Gaussian and Poissonian laws belongs to I
(Iinnik, Refs.1l1,12).

Theorem 1. For an infinitely divisible law with a
Gaussian component ¥ >0 to decompose only into infinitely
divisible components it is necessary that its Poissonian

spectrum be finite or countable. Moreover, the cor-
responding Poissonian frequencies by and ‘)n must

coincide with the following series of numbers:

For n

o

! b I It
Vi ¢4, l" l‘\“,_.H, “._IIL' 13 N s,

AR hl lz'l"‘ l'!l:‘.;.lz,

oss BN By EECTICIN S S ) L 4 be s Los e . LI S R SN cre
ponent is essential. 1r the Poissonian spectrum is not
bounded, it is not known whether the necessary condition

seroueD FR AREASEE A S 00, Y, CARPASME RO b0 o

9/12 is sufficient if

.
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General Theorems on the Factorization of Infinitely Divisible
Iaws. I.

1 1
log log n >>cu;fa ; log log x— 3>CV%+G
-n

for some ¢ > 0, a > 0 and sufficiently large p,
and V.

Theorem 2. If the Poissonian spectrum of the law is
bounded so that dG_(u) =0 (u<L -b):

AG ) = 0 (v >~ a),  hen all ks components have char-

Vb AR o - e . . . b
[ i i pil it = i 1] i | [ T I (RN

vt v chiavaibio g faly ), Favgne vy, [
A i IR N1}

@
l - ER - ») £ e _1“ 1t
og o(L) = li(ib) + b j ) L_‘(p(u)du

[ &
+ Sj(anmnit) x
-b =1

x (exp(itg u) - 1),

APPROVED I‘?%Z@Eé‘ %%?Egm7?fi/ m nuﬂ@pp.q{mpss-ﬂeﬁBMQQ9399§M'%"
b (-b, a); Pa(lt) a polynonmial of degree o 3,

A boamllnf,}.rqthgorem"n (izi_xeorem 5) is also proved: }‘t
cand P&i 10 80t of all Infinitely divisible lavs with ’goundod e

. ssonlan spectra satist t
gu Sfying the it
/12 the theorenm 1 (the Gaussian 3’om§§n§§§e§§;1%e°§§(slg§§n Oert




"APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2

T . B - 5 R W L R

S R NPV SOOI, ST SN S SR S S SOy Y

52~1II-1-1/9
g:neral Theorems on the Factorization of Infinitely Divisible
ws. IT. '

F ( Il and K? be the set of all infinitely divisible

laws with the Poissonian spectra contained in the spectrum

of F. 1Iet {Fa} be the sequence of laws such that:

Syp l Fj(x) - F(x)l = ej —0, as J —~ oo
and Fj = I-‘lj ¥ F2j (composition). ‘Then

F(}EQ'KP s%pl Flj(x) - F(l)(x)\ = 3‘3 —> 0.

There are 15 references, of which 1 is English 1 Germa
4 T'rench and 9 Soviet. ’ & ’ o

SUBMILTED: Septombor 5, 1957.

AVALLABLI: Tdbrury of Congrens,
Cord 12/12 1. Lommno-Thoory 2. Factor analysle 3. Algebralc functions
g e e Logarithmio funotlons

APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2"




"APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-?

—G— A W

RRIRRIRITE) PR 1110 N S SV AN B IEUREEN RS IR N o

R Movs o Bh danmvat Gend Lm0 B v ommoes * o
(Ynulmna vhoohubabichonlyol b bavramy . b bamern )

PRICLODTUALL Verlntk Leni g radloopen ! vaergllota, Hopiy s nlemaliky,
Mekhen Lk 1 Aablronomti, 1996, N 1(1),pp. 59- 4k (i)

ABSTRACT: Let the class B consist of all functions V(x) which are
of bounded variation for - o (x (w and for which it is
[0 0]
Sd V (x) =1 .Let G(x) be a normal integral law with
-00
mean value O and dispersion 1 . The authors consider de=-

®
compositions G(x) = §V1 (%-2)d v2(z)=V1(x)+V2(x) where
-m

b
% is the composition sign. Let Var V(x) A denote the

total variation of V(x) on [a,b].
Theorem: Let G(x) = V1(x)4rV2(x), Vi(x)EB (i =1,2),

card 1/3  Var V.(x) ;ID= 0(exp (-y' 1)), var v, (x) :l; =0(exp(-y'*)),
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I'ore on the CGeneralizotions of M. Cramer's Theorem

1 Soviet and 8 foreign references are quoted.

SUBMITTED 24 April 1957
AVAILABLE: Library of Congress

1. Integral functions 2. Cramers theory 3. Probability
distributions
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+AUTHOR: Linnik, Yu,V., Corresponding Member of the 20.—120-5-8/67
o cademy of Sciences of the USSR
. TITLE: The Dispersion of the Divisors and Quadratic Forms in Arithmetic

Series and Some Binary Additive Problems (Dispersiya deliteley i
kvadratichnykh form v progressiyakh i nekotoryye binarnyye
additivnyye zadachi)
PERIODICAL: Doklady Akademii nauk SSSR, 1958, Vol 120, Kr 5, pp 960-962 (USSR)
ABSTRACT: Let T(n) = T:z(n) - Z 1 be the number of diwisors of n;
X'X?P*H

1,

\ L ] [ S ) Coev o b N SRR L A i [ L A 1]

VL o tdus
WD 1- «
(1) 2. C(m) = nlna- —ﬁg—)- ¢ (n,D) + o(n 1) .
o =1(mod D) D
m<n
¢(n:D) = 1 «1:”1(1 -2 +22 do py
o p/D p=-1
-
(2) 2 1= 2L 60n) 4 oo™,
Q=n(mod D) \/«‘Hl_‘ D

Q €n : i}
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d; = d,,4.,, where d,4 consists of the prime divisors p/l)1 and

(d12,D1) = 13 let further X,(m) = (d/m). Then




